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Design and control of permanent magnet assisted synchronous
reluctance motor with copper loss minimization using MTPA

Songklod Sriprang1,6 , Babak Nahid-Mobarakeh1 , Noureddine Takorabet1 ,
Serge Pierfederici2 , Poom Kumam3 , Nicu Bizon4 , Nesser Taghavi5 ,
Abolfazl Vahedi5 , Pongsiri Mungporn6 , Phatiphat Thounthong6∗

It is necessary to find the suitable d - and q -axis reference currents to control PMA-SynRM motors with high efficiency.
This paper presents the maximum torque per ampere (MTPA) to minimize the copper losses of the system and utilizes the
field weakening control to operate above the rated speed of the PMA-SynRM. The copper losses equation and electromagnetic
torque are used to optimize the d - and q -axis current references. A small-scale 1 kW prototype PMA-SynRM was designed
and manufactured to test and examine the proposed control in the laboratory. The proposed algorithm was digitally carried
out using the MicroLab Box dSPACE. The simulation results show that the copper losses of the machine with the MTPA
algorithm are lower than those without the MTPA algorithm. The PMA-SynRM operates above the base speed of ∼ 70%
in the constant power region by mean of field weakening control.

K e y w o r d s: copper loss, permanent-magnet assisted reluctance motor (PMA-SynRM), maximum torque per ampere
(MTPA), field weakening, PI linear control

1 Introduction

Permanent-magnet synchronous motors (PMSMs) are
the most popular motors in automotive applications such
as electric vehicles (EVs) and hybrid electric vehicles
(HEVs). They have a high torque density, high power
density, wide speed range, and high efficiency because
rare-earth permanent magnets (PMs), such as NdFeB, are
mounted on the rotor [1, 2]. However, rare-earth elements
used in electric vehicles are costly, and there are concerns
about the supply chain and trade war as well as resource
monopoly. A new machine called permanent-magnet as-
sisted synchronous reluctance motor (PMA-SynRM) has
been designed by reducing many PMs or using ferrite
magnets in the rotor to avoid such circumstances. The
PMA-SynRM is more effective than the SynRM [3–5].
Besides, its price is much lower than that of the con-
ventional PMSM because ferrite PMs are cheaper than
rare-earth PMs. The PMA-SynRM is the most promising
rare-earth-free machine for the next generations of EVs
and HEVs. Figure 1 illustrates the structure proposed
for a four-pole PMA-SynRM with a ferrite magnet and
the reference d- and q -axes. The difference between the
PMA-SynRM and traditional PMSM is that the PMs are
inserted in the flux barriers of the rotor.

Therefore, the magnetization occurs along the nega-
tive q -axis. The PMA-SynRM design and control have
been proposed in several publications. Most of the re-
search focused on the rotor’s geometry based on machine
design and optimization aspects [6–10] as well as the PM
element [11–13]. Potential control methodology has been
discussed in recent literature [14]. Thounthong et al [15]
dealt with the differential flatness based control for the
PMSM drive with the nonlinear observers. Trancho et

al [16] proposed a robust control algorithm for the PM-
SynRMs in EVs and HEVs. They used a nonlinear control
based on second-order SMC current regulators to control
the current loop and utilized the lookup table for speed
loop control conditions. Although a suitable control of
PMA-SynRMs has been introduced in previous publica-
tions, it remains challenging to obtain a control system
with high-performance due to conditions such as copper
loss and vast speed operation.

In this paper, a small-scale prototype PMA-SynRM
with a ferrite magnet was designed and manufactured
for laboratory tests [17]. The control scheme was carried
out using a PI-controller-based field-oriented vector con-
trol (FOC). The copper losses were minimized using the
MTPA. The machine can be operated above the rated
speed by utilizing the field-weakening (FW) control. Fi-
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Fig. 1. Rotor structure of the case study PMA-SynRM

Fig. 2. Three-phase inverter driving the PMA-SynRM, where
VBUS , iBUS , iA and iC are the DC bus voltage, input inverter

current, and motor phase currents respectively

Table 1. PMA-SynRM Parameters Based on FEM Analysis

Symbol Meaning Value

Ψm Permanent magnet flux 0.138 Wb
Ld Normal d -axis inductance 288 mH
Lq Normal q -axis inductance 38 mH
Ldq Mutual inductance 4 mH

nally, a full-scale control system test bench driving the
PMA-SynRM was implemented to validate the developed
control scheme.

2 Permanent magnet assisted synchronous motor

model and proposed control development

2.1 Mathematic models of PMA-SynNRM/inverter

A three-phase inverter (Fig. 2) provides a three-phase
AC voltage source using sinusoidal pulse width modula-
tion (SPWM. The stator-voltage and flux linkage equa-
tions of the PMA-SynRM in the d–q reference frame can
be expressed as follows [15, 17]

vd = Rsid +
dΨd

dt
− ωeΨq , (1)

vq = Rsiq
dΨq

dt
+ ωeΨd , (2)

where Rs is the resistance (or system losses), id and iq
are d- and q -axis currents and Ψd and Ψq are d and
q -axis flux-linkage, respectively

ωe = npωm , (3)

where ωe , ωm , np , are electrical angular frequency, me-
chanical angular frequency, number of pole pairs respec-
tively.

The flux linkage equations are

Ψd = Ldid , Ψq = Lqiq −Ψm , (4,5)

where Ψm is the permanent magnet flux.

By substituting (4) and (5) into (1) and (2), the cur-
rent equations can be derived

did
dt

=
1

Ld

(

vd −Rsid + ωeLqiq − ωeΨm

)

, (6)

diq
dt

=
1

Lq

(

vq −Rsiq + ωeLdid
)

. (7)

The produced electromagnetic torque of the PMA-SynRM
expressed in the d–q reference frame can be expressed as
follows

Te = np

(

Ψdiq −Ψqid
)

. (8)

Substituting (4) and (5) into (8), it yields

Te = npid
(

(Ld − Lq)iq +Ψm

)

, (9)

where Ld and Lq are d- and q -axis, and Te is produced
electromagnetic torque.

2.2 FEM-Based Magnetic Model

Because of the crucial roles of the Ld and Lq in-
ductances in the overload capability, the field-weakening
range was improved, and precise control was established
to calculate the direct and quadrature inductances. The
dq inductances were calculated in the nonlinear case in
which the saturation of the stator teeth and rotor ribs are
considered. The saturation effects of the d and q induc-
tances can be calculated using the ratio between the flux
linkage variations and the slight increase in the d- and
q -axes current, as expressed in (10), (11), and (12), [18].
The effect of cross-coupling due to saturation was stud-
ied for this machine. The parameters were identified in
the d–q frame. The current supply conditions were simu-
lated, and the flux linkages were evaluated by integrating
the magnetic vector potential. The d- and q -flux linkages
related to the d- and q -axes currents based on FEM anal-
ysis are represented in Fig. 3. Figure 3(a) shows the flux
linkage in the d reference frame Ψd(id, iq) and Fig. 3(b)
shows the flux linkage in the q reference frame Ψq(id, iq)
. Table 1 provides the flux linkages of the PMs and d–q
inductances of the linear control system design

Ld =
∂Ψd(id, iq)

∂id
=

∆Ψd(id, iq)

∆id

∣

∣

∣

iq=const
, (10)

Lq =
∂Ψq(id, iq)

∂iq
=

∆Ψd(id, iq)

∆iq

∣

∣

∣

id=const
, (11)

Ldq =
∂Ψd(id, iq)

∂iq
=

∆Ψd(id, iq)

∆iq

∣

∣

∣

id=const
. (12)
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Fig. 3. (a) – Ψd(id, iq) as function of id and iq , (b) – Ψq(id, iq) as function of id and iq

Fig. 4. Proposed control block diagram

Fig. 5. The given MTPA curve for id and iq references

2.3 MTPA for copper loss minimization

Based on the torque equation (9), the torque of the
PMA-SynRM can be divided into two types: one is pro-
duced by the permanent-magnet flux (interaction torque)
and the other is produced by the difference in the induc-
tances of the dq axes (reluctance torque). Therefore, to
minimize the copper losses and increase the overall perfor-
mance of the machine, the MTPA was used. The copper
loss equation is

PCu = Rs(i
2
d + i2q) . (13)

As shown in Fig. 4 and referring to (9), the reference
torque equation can be written as

TeREF = np

(

∆Liq +Ψm)id , (14)

where ∆L = Ld − |lq) is the difference of inductances.

Based on (14) and the reference torque of the PMA-
SynRM, there is no reference torque if the direct current
is set to zero (id = 0). In contrast, the reference torque is
equal to the interaction torque if the quadrature current
is zero (iq = 0) . Therefore, in order to satisfy torque
reference, the quadrature current iq and direct current
id must be minimized by using the MTPA concept. As
shown in Fig. 4, the minimum current vectors are stored
in lookups consisting of lookup tables for the iq and id
references. However, to obtain the MTPA curve for the
PMA-SynRM, the current vectors are subjected to the
following conditions

max : TeREF = npid
(

∆Liq +Ψm

)

min : PCu = Rs

(

i2d + i2q
)

.
(15)

The quadrature current iq can be obtained by using (14)

id =
TeREF

np

(

∆Liq +Ψm

) . (16)



14 S.Sriprang et al : DESIGN AND CONTROL OF PERMANENT MAGNET ASSISTED SYNCHRONOUS RELUCTANCE MOTOR . . .

Fig. 6. Simulation of the copper losses(a)– with, and (b)– without MTPA

Fig. 7. Block diagram of the proposed field-weakening control

By substituting (16) into (13), the copper loss equation
can be obtained

Pcu(iq) = Rs

[

( TeREF

np

(

∆Liq +Ψm

)

)2

+ i2q

]

. (17)

To obtain the MTPA curve of iq , the derivative of
the copper loss (17) with respect to iq can be expressed
by using (18) assuming ∆L is a constant parameter. As
shown in Fig. 5, the TeREF is considered as a constant
value in order to obtain the given id and iq references

dPCu

diq

∣

∣

∣

iq opt

= 0

iqopt =
T 2
eREF

n2
p

∆L

(Ψm +∆Liqopt)3
,

(18)

where iqopt is the optimum quadrature current.

Using numerical Newton-Raphson method,

xi+1 = xi −
f(xi)

f ′(xi)
, (19)

where xi+1 is the next optimum point, the MTPA curve
can be obtained, see Fig. 5.

Control algorithm is shown in Fig. 6(a) and Fig. 6(b),
respectively. Based on the copper loss (13), the signal
is illustrated as Ch1 in both figures. In the case of the
control system without MTPA, the quadrature current iq
is set to 2.5 A. The results show that the copper losses of
the control system with the MTPA algorithm are lower
than those of the control system without MTPA of ≈
10%.

Fig. 8. Setting of the controllers by choosing the crossover fre-
quency in the frequency space

2.4 Field-weakening control for the constant power

region operation

As shown in Fig. 7, the maximum voltage Vmax is the

voltage that can be supplied by the three-phase inverter

to the machine. It is restricted by the DC bus voltage

VBUS and PWM technique. The proposed field-weakening

algorithm is a simple scheme and easy to implement. It

does not depend on the PMA-SynRM model in contrast

to previous publications [19, 20]. The concept of the pro-

posed algorithm is that if the stator voltage Vs increases

and reaches the maximum voltage Vmax , the direct cur-

rent decreases proportional to the difference between the
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two voltages. Therefore, Vs is restricted as follows

Vs =
√

v2d + v2q ≤ Vmax . (20)

By using the dq dynamic voltage equations (1) and
(2) of PMA-SynRM and flux equations (4) and (5), and
ignoring Rs , the steady-state dq voltage equations can be
written as follow

Vs = ωmnp

√

(

Lqiq +Ψm

)2
+
(

Ldid
)2
. (21)

Based on (21), the inverter DC bus voltage is too low
to compensate for the back-emf when the base speed is
exceeded. The sinusoidal pulse width modulation tech-
nique was used in this study. Therefore, the maximum
voltage Vmax is

Vmax =
1

2
VBUSKv , (22)

where Kv < 1 is a security gain, which assures that the
ceiling voltage is not reached.

ω∗ ≤ 0 : iα

ω∗ < 0 : iα − 1 .
(23)

A PI controller is utilized in order to guarantee that
the error converges to zero. Its design and stability are
going to be explained in the next section. The controller
output is limited between negative value and zero. The
final value iα must be divided into two conditions to
assure the four-quadrant of the field-weakening control.

2.5 Controller design and stability of the proposed con-
trol scheme

Gold =
Kpd

Rs

sτid + 1

sτid
(

sτsd + 1
) , (24)

Golq =
Kpq

Rs

sτiq + 1

sτiq
(

sτsq + 1
) , (25)

τsd = Ld/Rs , τsq = Lq/Rs are the electrical time con-
stant of the d-axis and q -axis, Kpd , Kpq are the propor-
tional gain of the d-axis and q -axis controller, τid , τiq are
the time constant of the d-axis and q -axis current loop.

The two current loops are much faster than the speed
loop. Therefore, the PI current controllers are tuned first.
By subtracting the back-emf term of the voltage equa-
tions (1) and (2), the two currents id and iq can be con-
trolled independently. The open-loop transfer functions of
the id and iq currents can be expressed, as shown in (24)
and (25).

By using pole-zero cancellation [21], that is, τsd = τid
and τsq = iq , the controller parameters can be obtained

Kpd = ωcdLd , Kid = ωcdRs , (26)

Kpq = ωcqLq , Kiq = ωcqRs , (27)

where ωcd is the d-axis crossover frequency and ωcq is
the q -axis crossover frequency.

The open-loop transfer function of the speed control
is

G0ω = Kpω

sτiω + 1

sτiω
(

sτsω + 1
) , (28)

where τsω = J/Bf is the electrical time constant of the
d-axis, J is the inertia, Bf is the viscous friction, Kpω is
the proportional gain of the speed controller, and τiω is
the time constant speed loop.

By using pole-zero cancellation, that is, τsω = τiω , the
speed controller parameters can be obtained

Kpω =
9J

τrω
, Kiω =

Kpω

τsω
(29)

where τrω is the closed-loop response time, which can be
obtained from the desired speed response.

Finally, the field-weakening controller is analyzed by
considering the stator voltage equation (21). The field-
weakening stability is satisfied when its time constant is
lower than the two-current control loop and lower than or
equal to the speed control loop. Note that the crossover
frequency of each control loop is discussed in Fig. 8 in
which ωs , ωi , and ω? are the constant switching of the
PWM strategy of 16 kHz (100531 rads−1), the crossover

frequency of the current control loop is 69.8132 rads−1,
and the crossover frequency of the speed control loop is
9.97 rads−1, respectively.

3 Simulation and experimental validation

3.1 Test bench setup and PMA-SynRM control parame-
ters

Tables 1 and 2 list the main parameters of the PMA-
SynRM, and Table 3 illustrates the controller parameters.
The PMA-SynRM was fed using a 3 kW 3–Φ DC–AC
voltage source inverter (VSI) operated at a switching fre-
quency of 16 kHz. The speed and rotor angle measure-
ments were performed with a resolver on the rotor shaft.

3.2 Dynamic performance of proposed field-weakening

To validate that the controller is appropriately de-
signed, a simulation of the controller was developed em-
ploying MATLAB/SIMULINK software. Figure 9 shows
the simulation results and Fig. 10 shows the experimen-
tal results. Ch1 is the speed command nCOM , Ch2 is the
q -axis current iq , Ch3 is the d-axis current id , Ch4 is
the measured speed n , Ch5 is Vmax , Ch6 is the d-axis
voltage Vd , Ch7 is the q -axis voltage Vq , Ch8 is the
stator voltage Vs , Ch9 is iα , Ch10 is the q -axis cur-
rent iq , and Ch12 is the stator current iA . As shown
in Figs. 9 and 10, the speed reference changes from 0
to 2000 rpm, which includes the transition between the
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Fig. 9. Simulation results: dynamic performance of the proposed field-weakening control

Fig. 10. Experimental results: dynamic performance of the proposed field-weakening control

constant torque and constant power mode. The machine

works well, with full performance under constant torque

and constant power operations in both directions of the

speed as well as torque.

The results show that the actual speed matches the

reference speed. Both the id and iq experimental re-

sults correspond to the simulation results. Both figures

correspond to each other. When Vs reaches Vmax , the

field-weakening operation is activated. The output of the

PI compensator increases id into the negative direction.

The transition between the constant torque and constant

power regions is fast and smooth under all operating con-
ditions.

3.3 Dynamic performance of the proposed MTPA

Figure 11 represents the dynamic performance test un-
der the four-quadrant operation of the PMA-SynRM in
the constant torque region. The test was performed to
validate the proposed MTPA algorithm. Ch1 is the speed
reference nREF , Ch2 is id, Ch3 is iq , Ch4 is the measured
speed n , Ch5 is Vmax 4 , Ch6 is Vd , Ch7 is Vq, Ch8 is Vs ,
Ch9 is the torque reference TeREF , Ch10 is the phase
current iA , and Ch11 is the measured torque Tmeas . The
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Fig. 11. Experimental results: dynamic performance during constant torque operation

Fig. 12. Experimental results: dynamic performance of the disturbance rejection, (a) – on load, (b) – off load

Table 2. PMA-SynnRM/inverter specification and parameters

Symbol Meaning Value

Prated Rated power 1 kW

nrated Rated speed 1350 rpm

Trated Rated torque 7.07 Nm

irated Rated current 5.4 A

PF Power factor 0.80

p Number of pole pairs 2

Rs Resistance* 3.2 Ω

J Equivalent inertia 0.0017 kg m2

B Viscous friction coefficient 0.0027 Nm s/rad

fs Switching frequency 16 kHz

*(motor + inverter)

Table 3. Speed/current and field-weakening regulation parameters

Symbol Meaning Value

Kpq q -axis current proportional gain 19.2

Kiq q -axis current integral gain 1.5015 × 103

Kpd
d−axis current

19.2
proportional gain

Kid d -axis current integral gain 1.2243 × 103

Kpw Speed proportional gain 0.2

Kiw Speed integral gain 2

Kpfw
Field-weakening

0.2
proportional gain

Kifw Field-weakening integral gain 2

Ismax Maximum quadrature current +5.4 A

ismin Minimum quadrature current −5.4 A

Vdc DC bus voltage 400 V

speed reference changes from −1300 to 1300 rpm. The

measured speed matches the reference. The d- and q -axes

currents are optimized based on the MTPA curve, as

shown in Fig. 5. The results show that the PMA-SynRM

operates in the constant torque region because Vs is lower

than Vmax . The machine operates well, with full perfor-
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mance in this region. The measured torque matches the
reference torque. The results reflect that the machine op-
erates under the conditions described in (17).

3.4 Dynamic performance of disturbance rejection

In Fig. 12(a), Ch2 is the d-axis current id , Ch3 is
the q -axis current iq , and Ch4 is the measured speed n
when the load is added suddenly. In Fig. 12(b), Ch2 is
the d-axis current id , Ch3 is the q -axis current iq , and
Ch4 is the measured speed n when the load is suddenly
removed. It can be verified that the controller has a fast,
transient response and a small steady-state error as well
as an appropriate regulation capability when the load
torque is varied. The recovery time of speed is ≈ 0.2.

4 Conclusions

This paper presents the control system based on the
MTPA to minimize the copper losses and field-weakening
control of the PMA-SynRM. The proposed MTPA was
considered regarding the copper loss and electromag-
netic torque equations to identify the optimized d- and
q-axis reference current curves, and they are stored in
the lookups. By utilizing the proposed field weakening
control, the machine can operate in both the constant
torque and constant power regions. The simulation re-
sults show that the copper losses with the MTPA algo-
rithm are lower than those without the MTPA algorithm
of ∼ 10%. Finally, the PMA-SynRM, which was designed
and implemented for testing in the laboratory, has a high
performance. The PMA-SynRM operates above the base
speed of ∼ 70% in the constant power region by mean of
the proposed field weakening control. It was shown that
the uncontrolled generator mode running, which occurs in
the high-speed operation of the conventional PM motor
drives, can be eliminated in PMA-SynRM. It is suitable
for the use in electric vehicle traction instead of high-cost
permanent machines such as IPMSM. This machine has
the capability required for the traction systems of EVs
and HEVs. However, its linear control system must be
improved such that high performance can be obtained
under all conditions.
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versité de Bretagne Occidentale, France. In 2012, he took the

same role, a Visiting Professor at the University of Alberta,

AB, Canada, for short research two months with professor

Anthony To-Ming Lau. Since 2015, he is a full professor at

the Department of Mathematics at King Mongkut’s Univer-

sity of Technology Thonburi (KMUTT). His research interests

include fixed point theory and applications, computational

optimization algorithms, nonlinear optimization, and control

theory, and his research interest focuses on fixed-point theory

related to optimization problems in both pure science and ap-

plied science. He has published or presented over 400 scientific

papers and projects.

Nicu Bizon was born in Albesti de Muscel, Arges county,

Romania, 1961. He received a BS degree in electronic engineer-

ing from the University “Polytechnic” of Bucharest, Romania,

in 1986, and the PhD degree in Automatic Systems and Con-

trol from the same university in 1996. From 1996 to 1989, he

was in hardware design with the Dacia Renault SA, Roma-

nia. He is currently a professor at the University of Pitesti,

Romania. He received in 2013 and 2016 two awards from Ro-

manian Academy. He is an editor of eight books and more

than 400 papers in scientific fields related to Energy, which is

his current research interest.

Phatiphat Thounthong was born in Phatthalung, Thai-

land, on December 29, 1974. He received the BS and ME de-

grees in electrical engineering from King Mongkut’s Institute

of Technology North Bangkok (KMITNB), Bangkok, Thai-

land, in 1996 and 2001, respectively, and the PhD degree

in electrical engineering from Institut National Polytechnique

de Lorraine (INPL)-Université de Lorraine, Nancy-Lorraine,
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